Let A be a commutative noetherian ring. A theorem of J.-P. Serre asserts that if P is a finitely generated projective A -module whose rank exceeds the Krull dimension of the maximal ideal space of A, then P has A as a direct summand. We denote, for any prescheme X, the set of closed points of X with the induced topology by X 0 . Now 0 . Implicit in Serre's proof is the stronger result:
Let A be a commutative noetherian ring. A theorem of J.-P. Serre asserts that if P is a finitely generated projective A -module whose rank exceeds the Krull dimension of the maximal ideal space of A, then P has A as a direct summand. We denote, for any prescheme X, the set of closed points of X with the induced topology by THEOREM (SERRE [3] Now let A be a fixed commutative noetherian ring, and let X be a prescheme of finite type over A, We say that X is quasi-closed over A if 7T(X 0 ) CSpec (A)oyT being the structure morphism. We say that A is residually infinite if A/m is an infinite field for each maximal ideal m of A. 
-->%-+&'-»0, where 0x(l) is a very ample invertible sheaf on X, and 8' is a locally free coherent Ox-module of rank rgdim Xo.
As for (B) and (C), the main tool is the generalized Koszul complex [2] . Let -ST be a prescheme, and let 8 and # be coherent locally free Ox-modules of ranks m, n respectively. Assume that m^n. Given an Ox-linear mapping, a:&-*$, there is associated to a a canonical chain complex This is an immediate consequence of an acyclicity criterion developed in [2] . Now let Z\ and Z 2 be closed subschemes of X. We say that Z\ and Z 2 are rationally equivalent if there exists a closed sub- Given a prescheme X, let K{X) be the Grothendieck ring of locally free coherent Ox-modules. Then K(X) is a X-ring, with augmentation c: K(X)-*Z given by the rank. Let K P (X) be the subgroup of K(X) generated by all elements of the form
with ]C w i = £> where y n (x) is the coefficient of t n in yt(x) =\t/a-t)(x). We set Gr* (X) = 0i£ p (X)/i£ p+1 (X). Then Gr* (X) is a graded ring. If 8 is a locally free coherent Ox-module, the pth Chern class of 8, with values in Gr'(X), is the homogeneous element of degree p represented by y p (x -e(x)), where x = class of S (A. Grothendieck). The proof is gotten by computing the class of the generalized Koszul complex.
